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Abstract— This paper presents the design of a clutch-like
control mechanism for controlling an induction motor under
the Active Disturbance Rejection Control (ADRC) strategy,
assuming that the initial value of the angular position of the
rotor is not equal to the initial value of the desired position
trajectory. The clutch mechanism changes the amplitude of
the control signals at the beginning of system operation to
prevent excessive control signals. The mechanism is tuned using
a Particle Swarm Optimization (PSO) algorithm. The reported
results show that the clutch mechanism reduces the initial
control voltage values compared with the case when the clutch
mechanism is absent.

Index Terms— Clutch-like control mechanism, ADRC, Opti-
mization, Particle Swarm Optimization, Induction motor.

I. INTRODUCTION

Induction motors have been considered for numerous
applications such as transportation systems including auto-
mobiles and trains [1], [2]. They offer advantages such as
low cost and compatibility with mature control techniques
[3], [4]. In many applications, the main control scheme is
based on the rotor-field-oriented control (FOC) approach [1],
which introduces nonlinear system dynamics.

This electrical machine can be addressed using Active
Disturbance Rejection Control (ADRC), a technique suitable
for flat systems to cope with the effects of unmodeled
dynamics, disturbances, and parametric uncertainties. The
ADRC scheme was proposed by J.Q. Han [5] and has been
used in numerous works, including [6], [7], [8] among others.
However, ADRC has often been applied without considering
the behavior of the control signal, in particular, when a large
difference between the desired trajectory and the measured
output, for example, under mismatched initial conditions
between the system and the desired trajectory, which may
produce large control signals potentially leading to actuator
saturation and large oscillations.

To address this problem, a smooth and optimal transition
in the control signal is required to reduce its magnitude dur-
ing the transient stage. For the optimization stage, the PSO
algorithm [9] is employed because it has been widely used
for ADRC tuning and parameter identification [10], [11],
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[12], [13]. In this work, a time-varying inertia PSO variant
[14] is adopted to improve the optimization performance.

Thus, the main contribution of this work is an optimal
clutch-like mechanism based on a Bézier smooth signal for
ADRC-based induction motor control, tuned using a PSO
algorithm with time-varying inertia to reduce the initial
control values under mismatched system initial conditions
through a smooth transition.

This paper is organized as follows: Section II introduces
the ADRC preliminaries. Section III explains the control
design, the dynamics of the induction motor and its control
scheme. Subsequently, the clutch mechanism is presented
along with the optimization problem. Finally, the PSO al-
gorithm is used for tuning the clutch mechanism. Section IV
shows simulation results, and Section V concludes the paper.

II. PRELIMINARIES

Active Disturbance Rejection Control (ADRC)
ADRC is a robust nonlinear control strategy based on

a model of a plant consisting of a perturbed chain of
integrators. The disturbance includes nonlinear and unmod-
eled dynamics, internal and external disturbances, and un-
certainties [5]. The scheme is based on an extended state
observer (ESO), which estimates the disturbance and the
system state, both used for designing a feedback control law
that compensates the effect of disturbances thus enhancing
robustness. Consider a nonlinear system:

ẋ = f(x) + g(x)u, x ∈ Rn, u ∈ R.
y = h(x), y ∈ R,

(1)

where f(·) and g(·) denote vector fields, and y is the flat
output that parametrizes x. Considering the relative degree
of the flat-output dynamics n, it follows that LgLkfh(x) =

0 for k = 0, . . . , n − 2, and LgL
(n−1)
f h(x) ̸= 0, where

L
(n−1)
f h(x) denotes the (n−1)th directional derivative of h

with respect to the vector field f , and LgL
(n−1)
f h(x) denotes

the directional derivative of L(n−1)
f h(x) with respect to the

vector field g. Define:

κ(y) := κ(y, ẏ, . . . , y(n−1)) = LgL
(n−1)
f h(x), (2)

then, the n-th derivative of the flat output can be expressed
as:

y(n) = L
(n)
f h(x) + u

(
LgL

(n−1)
f h(x)

)
,

ξ(t) := L
(n)
f h(x),

y(n) = κ(y, ẏ, . . . , y(n−1))u+ ξ(t)

y(n) = κ(y)u+ ξ(t).

(3)



Define an auxiliary control input v := κ(y)u, its nominal
value as the n-th derivative of the flat output reference,
v∗(t) := y∗(n)(t), and the errors ey = y − y∗(t) and
ev = v − v∗(t), then, from (3):

e(n)y = ev + ξ(t), (4)

yielding the last equation of the Brunovsky canonical form
for the tracking error dynamics. For the system described in
(4), the ADRC controller expressed as a transfer function is
designed as in [15] and is given by:

ev = −
(
kns

n + kn−1s
n−1 + . . .+ k1s+ k0

s(sn−1 + k2n−1sn−2 + . . .+ kn+1)

)
ey. (5)

For a pure integrator plant G(s) = 1
sn , the controller allows

defining the closed-loop dynamics of the system because the
dynamic of the system due to the characteristic polynomial
of the closed-loop system is:

Pd(s) = s2n + k2n−1s
2n−1 + . . .+ k1s+ k0, (6)

where Pd(s) is a product of two coprime polynomials of
order n [15]:

Pd(s) = Po(s)Pc(s)

=
(
sn + γn−1s

n−1 + . . .+ γ1s+ γ0
)
×(

sn + λn−1s
n−1 + . . .+ λ1s+ λ0

)
,

(7)

Po(s) corresponds to an observer polynomial, and Pc(s)
corresponds to a controller polynomial. To ensure the equiv-
alence between the ADRC scheme where a reduced order
extended state observer (ROESO) is considered, and the
controller described in (5), Pc(s) and Po(s) have to be co-
prime and Hurwitz [15], [16]. This work considers first- and
second-order systems. Based on the equivalence described
in [17], the controller equivalent to an ADRC for a second-
order system is:

ev = −
(
k2s

2 + k1s+ k0
s(s+ k3)

)
ey

= −
(
(γ0 + λ0 + γ1λ1)s

2 + (γ0λ1 + γ1λ0)s+ γ0λ0
s(s+ γ1 + λ1)

)
ey,

(8)
which corresponds to a PID controller with a dirty derivative
term. For a first-order system, the equivalent controller takes
the form:

ev = −
(
ϵ1s+ ϵ0

s

)
ey = −

(
(γ0 + λ0)s+ γ0λ0

s

)
ey,

(9)
which corresponds to a PI controller.

Characteristic polynomials: For a second-order system, it
is possible to consider the following characteristic polyno-
mial for the closed-loop system:

Ps(s) = (s2 + γ1s+ γ0)(s
2 + λ1s+ λ0)

= s4 + (λ1 + γ1)s
3 + (γ0 + λ0 + γ1λ1)s

2

+ (γ0λ1 + γ1λ0)s+ γ0λ0.

(10)

and for a first-order system, the following is considered:

Pf (s) = (s+ λ0)(s+ γ0)

= s2 + (λ0 + γ0)s+ γ0λ0.
(11)

Both polynomials (Ps(s) and Pf (s)) must be Hurwitz and
appropriately chosen to ensure equivalence between classical
controllers, such as PI and PID, and ADRC based on
ROESO.

III. DESIGN METHODOLOGY

In this section, the dynamics of the induction motor, the
ADRC, and the proposed clutch mechanism are presented
and analyzed. Next, a cost function that considers the initial
control voltage values through the instantaneous power and
the angular speed tracking error, based on angular position
measurements, is presented. Finally, the PSO algorithm used
for tuning the parameters of the clutch mechanism is de-
scribed.

A. Induction motor dynamics

A three-phase induction motor under a two-frame trans-
formation using the Clarke transformation (a/b frame) and
under the FOC scheme (d/q frame) has the model described
in [4]:

dθ

dt
= ω, (12)

dω

dt
= µψdiq −

1

J
τL −

f

J
ω, (13)

dψd
dt

= −ηψd + ηMid, (14)

did
dt

= −γid+
ηM

σLRLS
ψd+npωiq+ηM

i2q
ψd

+
1

σLs
ud, (15)

diq
dt

= −γiq −
ηM

σLRLS
ωψd − npωid − ηM

iqid
ψd

+
1

σLs
uq,

(16)

dρ

dt
= npω + ηM

id
ψd
, (17)

where

η =
RR
LR

, β =
M

σLRLS
, γ =

M2RR
σL2

RLS
+

RS
σLS

,

σ = 1− M2

LRLS
, µ =

npM

JLR
.

In these equations, θ is the angular position of the rotor and
ω is the angular speed. ψd is the flux in the d axis, while id
and iq are the currents in the d and q axes, respectively. The
input voltages are ud and uq . The system parameters include
the motor inertia J , the load torque τL, the number of pole
pairs np, and the coefficient of viscous friction f , which is
not considered in this work. The stator and rotor resistances
are RS and RR. The inductances are LS and LR, while M
is the mutual inductance.



B. Control scheme for the induction motor

This subsection describes the angular position control of
the induction motor, which is achieved using three con-
trollers: the id, iq , and θ controllers, where a two-stage
ADRC controller is used. The angular position reference is
defined by a smooth curve that enables the system to reach
a constant angular speed in steady state. The control scheme
is based on [12], [18].

1) Flux estimator: To make the induction motor operate
under the FOC scheme, the following flux estimator is first
proposed, as described in [4], considering the dynamics
described in (14) and (17):

dρ̂

dt
= npω + ηM

id

ψ̂d
,

dψ̂d
dt

= −ηψ̂d + ηMid, (18)

since the flux and its corresponding angle are not directly
measurable. Using the flux estimator, the following ADRC
scheme is proposed:

2) Current control: The first control scheme regulates the
currents id and iq modeled as a first-order system, where the
voltages ud and uq act as the corresponding control signals.
For the control design of id, based on the dynamics described
in (15), it is necessary to define the errors eid := id− i∗d and
ev−id := 1

σLs
ūd − i̇d

∗
, where ūd is an intermediate control

variable that will initially replace the actual control variable
ud. Then, using (15) and the previously defined errors:

ėid = ev−id + ξd(t), (19)

where ξd(t) = −γid + ηM
σLRLS

ψd + npωiq + ηM
i2q
ψd

+ ϕ̄d,
with ϕ̄d representing possible disturbances, uncertainties, and
unmodeled or unknown dynamics. Therefore, the proposed
intermediate controller is defined as:

ūd(s) = −Lsσ
(
ϵ1s+ ϵ0

s

)
(id(s)− i∗d(s)) + Lsσsi

∗
d(s),

(20)
where i∗d is the reference value of id. Similarly, for iq , the
intermediate controller is given by:

ūq(s) = −Lsσ
(
ϵ1s+ ϵ0

s

)
(iq(s)− i∗q(s)) + Lsσsi

∗
q(s),

(21)
where i∗q is the reference for iq and ūq is considered an
intermediate control variable that will initially replace the
actual control variable uq . To reduce the complexity of the
control scheme, the current derivative terms Lsσsi∗q(s) and
Lsσsi

∗
d(s) in (20) and (21) can be considered as additional

disturbances ξd and ξq to reduce the design complexity
considering they are bound to maintain the stability described
in Appendix A.

3) Angular position control: The second control scheme
regulates the angular position. Considering the induction
motor dynamics described in (12) and (13), an auxiliary
control variable is introduced via i∗q . It is necessary to define
the errors eθ := θ − θ∗ and ev−θ := µψdī

∗
q − θ̈∗, where ī∗q

represents an intermediate control or a partial reference value
of iq that will initially replace the actual auxiliary control

variable i∗q . As a result of (12), (13) and the previously
defined errors:

ëθ = ev−θ + ξω(t), (22)

where ξω(t) = − 1
J τL −

f
Jω + ϕ̄θ, with ϕ̄θ representing the

associated disturbance and/or uncertainties. Therefore, the
intermediate control related to i∗q is given by:

ī∗q(s) = −
1

µψd

(
k2s

2 + k1s+ k0
s(s+ k3)

)
(θ(s)−θ∗(s))+ 1

µψd
s2θ∗(s).

(23)
The actual control and/or reference signals are constructed
in the following subsection through the clutch mechanism,
using the intermediate control variables ūd, ūq , and ī∗q .

C. Clutch-like control mechanism

Using the intermediate control variables described in (20),
(21) and (23), the following control signals are considered
for the induction motor:

i∗q(t) = ī∗qFs(t), ud(t) = ūdFs(t), uq(t) = ūqFs(t),
(24)

where i∗q , ud and uq are the actual control signals for the
induction motor and Fs(t) is the clutch mechanism.

Clutch mechanism Fs(t): The clutch mechanism Fs(t) is
a smooth function given by:

Fs(t) =


pi, t < t1

pi + (1− pi)
(
3τ2 − 2τ3

)
, t1 ≤ t ≤ t2

1, t > t2,

(25)

where τ = t−t1
t2−t1 , pi is

the initial percentage of the
initial control signal, and t1
and t2 are the absolute times
that allow a smooth tran-
sition. In this case, pi, t1
and t2 are adjusted as a part
of the optimization problem.
Graphically, Fs(t) is shown
in Fig. 1.

Fig. 1: Clutch-like control
mechanism Fs(t)

D. Optimization problem

To address the issue arising from the mismatch between
the rotor’s initial angular position and the desired position
trajectory, the following cost function is considered:

J =

∫ tf

t0

(
k1 |ud(τ)id(τ) + uq(τ)iq(τ)| e−80τ

+ k2 |ω(τ)− ω∗(τ)|
)
dτ, k1, k2 ∈ R,

(26)

where t0 and tf are the initial and final operation times,
respectively. The cost function aims to minimize the initial
voltage values of the system regulating the current values
through the instantaneous power in the d/q frame, while
maintaining good performance in terms of the angular po-
sition tracking error, based on the derivative of the angular



position reference: ω∗ := θ̇∗. Additionally, the constraints
for the optimization problem are defined as follows:

0 ≤ t1 ≤ 0.015, 0.015 ≤ t2 ≤ 0.3, 0.001 ≤ pi ≤ 0.15,

k1 = 6, k2 = 10.
(27)

The initial value of pi is constrained by the stability con-
ditions in Appendix A, and t1 and t2 satisfying t1 < t2,
allowing a fast transition. Therefore, the PSO algorithm is
employed to solve the optimization problem. The value −80
in the exponential term prioritizes the initial instantaneous
power, mainly during the first 30ms. The values of k1
and k2 are defined so that the different components of the
composite cost function contribute adequately to the total
cost, balancing voltage reduction and tracking performance.

Particle Swarm Optimization (PSO) Algorithm : For this
optimization problem, the PSO algorithm is employed. The
algorithm used is based on [19], [14], and is described as
follows:

Algorithm 1: Basic Particle Swarm Optimization
(PSO)

Data: Objective function J , bounds lb, ub, number
of particles noP , max iterations maxIter

Result: Best solution GBEST.X
1 Initialize particles Xk ∈ [lb, ub], velocities Vk ;
2 Set PBESTk.X ← Xk, PBESTk.O ← J(Xk) ;
3 Set GBEST as the best among all PBESTk ;
4 for t = 1 to maxIter do
5 Update inertia weight w ;
6 foreach particle k do
7 Evaluate J(Xk) and update PBESTk if

needed ;
8 Update GBEST if PBESTk is better ;
9 Vk+1 ← wVk+rand()(PBESTk.X−Xk)c1;

10 +rand()(GBEST.X −Xk)c2 ;
11 Xk+1 ← Xk + Vk+1 ;

For this work the following definition of w is used:

w = wmax − t
(
wmax − wmin
maxIter

)
, where wmax and wmin

are the maximum and minimum inertia values, respectively.
This variation has been widely used, as described in [14].
Thus, the proposed control scheme is given by:

Fig. 2: Control scheme

Where the clutch scales the output of the ADRC con-
trollers during the transient, generating the quadrature current

reference and the effective a/b voltages while keeping the
ADRC structure intact.

IV. SIMULATION RESULTS

This section presents simulations using the PSO-based
parameters obtained from the cost function J in (26) for
different initial angular positions θ of the induction motor.
The results show lower initial control voltages compared to
the traditional ADRC.

A. System, algorithm and controller parameters

For the simulation results, and according to [18], the fol-
lowing parameters were considered for the induction motor
previously described: np = 1, J = 2 × 10−3 [kg · m2],
M = 0.2374 [H], LR = 0.2505 [H], LS = 0.2505 [H],
RS = 4.32 [Ω], and RR = 2.8807 [Ω]. Additionally, the
following conditions were applied during the simulation tests
|i∗q | ≤ 6, τL = 0.1(1−cos(πt)), i∗d = 1.5 [A] and f ≈ 0. The
value of i∗q is bounded to prevent the system from reaching
large values or experiencing instability.

For the PSO in Algorithm 1, three variables are optimized
within bounds [0, 0.015, 0.001]–[0.015, 0.3, 0.15], using 15
particles and 15 iterations. The inertia weights are wmax = 1,
wmin = 0.1, and c1 = c2 = 1.41. The values of the PSO
parameters are selected based on the convergence behavior
of the algorithm [20]. Regarding the inertia weight, the initial
value promotes exploration, while the final value favors
convergence. For the controller design, the characteristic
polynomials described in (10) and (11) must be coprime.
Therefore, by using frequency methods [16], the magnitudes
of the observer-related roots (s2+λ1s+λ0 for second-order
systems and s+ λ0 for first-order systems) must be greater
than the magnitudes of the controller roots (s2 + γ1s + γ0
for second-order systems and s+γ0 for first-order systems).
Thus, the following values are proposed:

TABLE I: Parameters of ADRC controllers

System λ1 λ0 γ1 γ0

Second-order 400 40000 40 400
First-order – 1000 – 100

For the selection of controller parameters, the magnitude
ratio between the controller roots and the observer roots is
set to 1:10.

B. PSO Algorithm results

For this subsection, the induction motor previously de-
scribed with an initial position of θ(0) = 15◦ was considered.
The desired trajectory was defined by a Bézier polynomial
with an initial value of θ∗(0) = 0, resulting in a difference
of 15◦. Using the PSO previously described under 15 dif-
ferent tests, the following statistics of the clutch mechanism
described in (25) were obtained:



TABLE II: PSO Algorithm results

Variable pi t1 t2 J

Mean 0.0364 0.0140 0.1158 11.4507
Worst case 0.0357 0.0109 0.1192 11.7053
Best case 0.0364 0.0150 0.1135 11.3555
Standard deviation 0.0033 0.0015 0.0045 0.1313

Table II shows similar results across the 15 experiments
in terms of standard deviation and mean cost. In the sim-
ulations, the best clutch-based case is compared with the
induction motor without the mechanism under mismatched
initial rotor and reference positions.

C. Induction motor simulation results
Clutch-like control mechanism results: Considering the

best values of the clutch mechanism tuned via PSO in Table
II, the resulting control system behavior is presented as
follows: Figure 3 shows the clutch mechanism results consid-
ering the initial condition of the PSO tuning (θ(0)−θ∗(0) =
15◦) . Additionally, to compare the performance defined by
J in (26), the clutch mechanism (CM) is evaluated against
the system without it (NoCM) using three initial angle
differences: θ(0) − θ∗(0) = 15◦ (used in the optimization),
θ(0)− θ∗(0) = 10◦ and θ(0)− θ∗(0) = 5◦. The comparison
results are shown in Figures 4, 5, and 6.
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Fig. 3: Induction motor control response using a clutch-like
control mechanism (CM)
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Fig. 4: Comparison results: Clutch-like control mechanism
(CM) and traditional control scheme (NoCM)

Results in Figure 3 show that the system tracks the
reference for d/q currents and angular position in steady

state using θ(0) − θ∗(0) = 15◦. Figure 4 indicates that
the clutch mechanism improves performance according to
the cost function in (26), while maintaining performance
similar to that of the system without the mechanism in terms
of tracking error. In Figure 5, when the mechanism is not
used (NoCM), the peak voltage of vsa (phase a in the a/b
frame) reaches 180 V, approximately, while with the clutch
mechanism (CM) it remains near 50V, mitigating saturation
and physical issues. Figure 6 shows a higher ISE for CM due
to reduced initial voltages, although both schemes achieve
good tracking. Overall, the clutch-like control can replace
the traditional ADRC, as it maintains similar responses while
reducing initial control voltage.
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Fig. 5: Comparison results: Voltage usa using the proposed
clutch control mechanism (CM) and control scheme without
the clutch mechanism (NoCM)
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Fig. 6: Comparison results: ISE criterion using a clutch-
like control mechanism (CM) and traditional control scheme
(NoCM)

V. CONCLUSIONS

Issues arise in induction motor control with ADRC when
the initial angular position is unknown. The mismatch be-
tween the desired trajectory and the actual position can
produce high initial voltage demands, affecting both the
controller and hardware. This paper shows that a clutch-like
control mechanism tuned with the PSO algorithm reduces the
initial voltage, improving saturation handling and respecting
actuator limits. The approach provides an effective way
to condition ADRC controllers regarding energy demands.
Based on the simulation results, future work will address
real-time implementation of the optimal clutch and sensitiv-
ity analysis of the optimization problem for reproducibility.

APPENDIX A

UUB Lyapunov Stability for a modified ADRC

This appendix analyzes the clutch mechanism in (25)
for 0 < pi < 1, representing the worst-case ADRC sce-
nario. First- and second-order systems are studied separately.
Higher-order cases are outside the scope of this work but



may be addressed through cascaded ADRC structures. Let
X , E, and D denote the maximum positive values of the
disturbance, disturbance estimation error, and x2 estimation
error, respectively, assuming observer stability [21].

First-Order System: For a first-order system, based on (4),
using the clutch-like control mechanism pi in the control law
ev: ėy = ev+ξ, ev = pi(−γ0ey− ξ̂), defining eξ := ξ− ξ̂,
the closed loop dynamic is:

ėy = −γ0piey + pieξ + (1− pi)ξ. (28)

Assuming that eξ and ξ are bounded, with eξ ≤ |eξ| ≤ E
and ξ ≤ |ξ| ≤ X , with the following Lyapunov candidate
function V = 1

2e
2
y , then:

V̇ ≤ |ey|(−γ0pi|ey|+ piE + (1− pi)X), (29)

which yields the ultimate bound B:

B =
{
ey : |ey| ≤ piE+(1−pi)X

piγ0

}
. (30)

For pi = 1 (steady state condition), B = {ey : |ey| ≤ E
γ0
}.

Hence, UUB stability depends on a good estimation and the
stability of the ROESO.

Second-Order System: For a second-order system, based
on (4), using the the clutch-like control mechanism pi in the
control law ev: ëy = ev + ξ, ev = pi(−γ0x1 − γ1x̂2 − ξ̂),
with x1 = ey , x2 = ėy , e2 = x2 − x̂2, and eξ = ξ − ξ̂:

ẋ2 = −γ0pix1 − γ1pix2 + γ1pie2 + (1− pi)ξ + pieξ. (31)

Assuming eξ, ξ and e2 are bounded with eξ ≤ |eξ| ≤ E
, ξ ≤ |ξ| ≤ X and e2 ≤ |e2| ≤ D, with the following
Lyapunov candidate function V = 1

2 (x
2
1 + x22), then:

V̇ ≤ ∥x∥
(
(1−γ0pi−piγ1)∥x∥+γ1piD+(1−pi)X+piE

)
.

(32)
Thus, the ultimate bound B:

B =
{
x : ||x|| ≤ γ1piD+(1−pi)X+piE

pi(γ0+γ1)−1

}
. (33)

Remark 1. For second-order systems, to guarantee the well-
defined bound B, the denominator pi(γ0 + γ1)− 1 must be
positive. Then, the value of pi must satisfy pi > 1

γ0+γ1
≈

0.0023 which motivates the lower bound in the optimization
problem.

With pi = 1 (steady state condition) and a good estimation
and the stability of the ROESO, the final bound becomes
B =

{
x : ||x|| ≤ γ1D+E

γ0+γ1−1

}
, γ0 + γ1 > 1.
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